In this note, we show that one of the arguments used by Moazzami for computing the tenacity of the third Harary graph is wrong and then improve the proof.
Introduction
Recently, Cozzens, Moazzami and Stueckle introduced the concept of tenacity of a graph G, as a useful measure of the vulnerability of G [3, 2] . The tenacity of a graph G, namely T (G), is defined by the following: In [2] , they calculated the tenacity for the first and second cases of Harary graphs but they did not show a complete proof for the third case. Then Moazzami showed a new and complete proof for case 3 of the Harary graphs [5] . In [4] , he compared the integrity, connectivity, binding number, toughness, and tenacity for several classes of graphs. The results suggest that tenacity is a most suitable measure of stability or vulnerability in that for many graphs it provides the best way to distinguish between graphs that intuitively should have different levels of vulnerability. For other works related to this new invariant, see [6, 7] . For undefined terminology and notation we refer the reader to [1] .
The main result
Let n be even, n = 2r. Then two vertices i, j are called adjacent if i − r ≤ j ≤ i + r, where addition is performed modulo m. Now, let n = 2r + 1 (r > 0) and let m be odd. Then G . Let m = k(r + 1) + s where 0 ≤ s < r + 1.
In [5] , Moazzami obtained the following result which provided bounds on the tenacity for the third case of Harary graphs (Theorem 3 in [5] ). 
Then he used the above theorem and proved the following (Theorem 8 in [5] 
2)
On the assumption that a + b−1 2 < q, Moazzami deduced that z = 0, and then using the above theorem, he got
(Corollary 5 in [5] ). In this note, we show that his argument used in Corollary 5 in [5] is wrong and then improve the proof. More precisely, we prove the following. This implies the proof for the second case.
